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AYIN SORUSU

Soru:

3

saglayan a, b, ¢ gercel sayilari igin

l+a+b+c ¢
34+2a+0b b

ifadesinin en kii¢lik degerini bulunuz.

Cozim:

Mayis 2008

23 — ax® + bx — ¢ = 0 denkleminin biitiin koklerinin pozitif gercel sayilar olmasini

. 1
Ifadesinin en kiiciik degerinin - oldugunu gosterelim. 2® — ax? + bz — ¢ = 0 den-

kleminin kokleri z; > 0, ¢ = 1, 2, 3 olsun. Vieta teoremine gore

Buradan

T+ T2 +x3 = a,

B l+a+b+c ¢

3+2a+b b

(1 4+ 1)(xo+ 1)(z3+ 1)

T12o + Xox3 + T123 = b,

T1T2X3 = C.

X1T273

(k1 +1)(xe+ 1)+ (2o + 1) (x5 + 1) + (1 + 1) (25 + 1)

T1T9 + ToT3 + T1X3

1

1 1
Ctl(xl-i-l) + CCQ(CC2+1) + 503(133+1)

1

xr1+1

1 T3

1
1 1 1 1 1 1
poriin i on (a+x—2+x—3)(

1 1 1
r1+1 + zo+1 + x3+1)




Genelligi bozmadan 0 < 21 < x5 < x3 kabul edelim.

1 1 1 1 1 1
xl21‘221:3>Ovex1+12x2+12x3+1>0

oldugu agiktir. Chebyshev egitsizliginden

1+1+1 1 L 1 . 1 <1( 1 n 1 n 1 )
ry o w3 i+l wo+1 w3+ 17T 3m(xy+1) xe(ze+ 1) asz(zz+1)

elde ederiz. Demek ki A > 3. A en kiigiik degeri olan 1/3 i 2y =29 =23 =1t >0
(a = 3t, b= 3t? ¢ =13) durumunda aliyor.



